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Testing requires checking whether the output response of a circuit or system is correct or 

has an error.  Increasingly complex system-on-chip and 3-D integrated circuits require enormous 

amounts of manufacturing test data.  Test compression techniques are widely used to compress the 

amount of output response data in a way that if an error is present in the uncompacted output 

response, it will also be present in the compacted output response with only a negligibly small 

chance of aliasing.  Compacting the output response reduces the number of channels needed on 

the automatic test equipment (ATE) and reduces tester memory requirements.  A major challenge 

for output compaction techniques is dealing with unknown (X) values in the output response which 

may arise from many sources such as uninitialized memories, analog blocks, tri-states, false paths, 

etc. While some compactor designs can guarantee observation of errors in the presence of a small 

number of X's, they may not be sufficient for designs with high X-densities which are becoming 

increasingly common. This dissertation presents novel advanced techniques to further optimize 

the handling of X’s and scale existing schemes to handle higher X-densities. New designs and 

techniques will be presented to reduce the control data required to more efficiently handle X’s and 

achieve higher compression with experimental results in the respective sections.  



   vii 

Table of Contents 

ACKNOWLEDGEMENTS ......................................................................................................... V 

TABLE OF CONTENTS ........................................................................................................... VII 

LIST OF TABLES .................................................................................................................... IX 

LIST OF FIGURES .................................................................................................................... X 

CHAPTER 1: INTRODUCTION ...................................................................................................1 

1.1 TEST COMPRESSION .................................................................................................................... 2 

1.2 SOURCES OF  X’S ......................................................................................................................... 4 

1.3 HANDLING X’S IN OUTPUT COMPACTION ........................................................................................ 6 

1.4 MOTIVATION .............................................................................................................................. 7 

1.5 DISSERTATION ORGANIZATION ...................................................................................................... 9 

CHAPTER 2: PARTIAL MASKING IN AN X-CANCELING MISR .................................................... 10 

2.1 THE PROBLEM .......................................................................................................................... 10 

2.2 RELATED WORK ........................................................................................................................ 10 

2.3 REVIEW OF X-CANCELING MISR .................................................................................................. 11 

2.4 PARTIAL MASKING IN X-CHAINS TO INCREASE COMPACTION FOR AN X-CANCELING MISR .................... 15 

2.5 SELECTING NUMBER OF X-CHAINS ............................................................................................... 17 

2.6 EXPERIMENTAL RESULTS ............................................................................................................. 19 

2.7 SUMMARY ............................................................................................................................... 21 

CHAPTER 3: COMPRESSION OF X-MASKING CONTROL DATA VIA DYNAMIC CHANNEL 

ALLOCATION ........................................................................................................................ 22 

3.1 THE PROBLEM .......................................................................................................................... 22 

3.2 RELATED WORK ........................................................................................................................ 22 

3.3 OVERVIEW OF THE PROPOSED SCHEME......................................................................................... 25 

3.4 DYNAMIC CHANNEL ALLOCATION ................................................................................................ 27 

3.5 INCREASING OBSERVABILITY ........................................................................................................ 31 

3.6 EXPERIMENTAL RESULTS ............................................................................................................. 33 

3.7 SUMMARY ............................................................................................................................... 37 



   viii 

CHAPTER 4: IMPROVING X-TOLERANT COMBINATIONAL OUTPUT COMPACTION VIA INPUT 

ROTATION ........................................................................................................................... 38 

4.1 THE PROBLEM .......................................................................................................................... 38 

4.2 RELATED WORK ........................................................................................................................ 38 

4.3 OVERVIEW OF PROPOSED SCHEME ............................................................................................... 42 

4.4 PROCEDURE FOR ORDERING COMPACTOR INPUTS .......................................................................... 44 

4.5 EXPERIMENTAL RESULTS ............................................................................................................. 47 

4.6 SUMMARY ............................................................................................................................... 50 

CHAPTER 5: ALGORITHMIC DESIGN OF INPUT ROTATION COMPACTOR FOR IMPROVED 

COMPACTION ...................................................................................................................... 51 

5.1 BACKGROUND .......................................................................................................................... 51 

5.2 OVERVIEW ............................................................................................................................... 51 

5.3 PROPOSED COMPACTOR DESIGN ................................................................................................. 52 

5.4 ALGORITHM FOR COMPACTOR DESIGN ......................................................................................... 54 

5.5 SCALING TO HIGHER FANOUT ...................................................................................................... 55 

5.6 EXPERIMENTAL RESULTS ............................................................................................................. 57 

5.7 SUMMARY ............................................................................................................................... 62 

CHAPTER 6: CONCLUSION AND FUTURE WORK ..................................................................... 63 

REFERENCES ........................................................................................................................ 65 

VITA .................................................................................................................................... 71 

 

 

 

 

 

 

  



   ix 

List of Tables 

 

TABLE 1 EXPERIMENTAL RESULTS FOR CKT-A USING DIFFERENT NUMBERS OF X-CHAINS ............................................................... 18 

TABLE 2. EXPERIMENTAL RESULTS FOR PROPOSED PARTIAL MASKING IN X-CHAINS FOR DIFFERENT DESIGNS..................................... 20 

TABLE 3. EXPERIMENTAL RESULTS FOR PROPOSED PARTIAL MASKING IN X-CHAINS FOR DIFFERENT DESIGNS..................................... 34 

TABLE 4. PERCENTAGE OF D'S OBSERVED FOR DIFFERENT PERCENTAGE OF X'S WITH PROPOSED APPROACH FOR 425-51 COMPACTOR . 48 

TABLE 5. PERCENTAGE OF D'S OBSERVED FOR DIFFERENT PERCENTAGE OF X'S WITH PROPOSED APPROACH FOR 610-61 COMPACTOR . 49 

TABLE 6. PERCENTAGE OF D'S OBSERVED FOR DIFFERENT PERCENTAGE OF X'S ............................................................................. 59 

TABLE 7. PERCENTAGE OF D'S OBSERVED FOR DIFFERENT PERCENTAGE OF X'S WITH HIGHER COMPRESSION FOR PROPOSED APPROACH 61 

  



   x 

List of Figures 

 

FIGURE 1. DFT ARCHITECTURE .............................................................................................................................................. 2 

FIGURE 2. MISR ................................................................................................................................................................. 4 

FIGURE 3. EXAMPLE OF X GENERATING CIRCUIT ........................................................................................................................ 5 

FIGURE 4. UNKNOWNS CORRUPTING OUTPUT OF LINEAR COMBINATIONAL COMPACTOR ................................................................. 6 

FIGURE 5. EXAMPLE OF SYMBOLIC SIMULATION OF MISR ........................................................................................................ 12 

FIGURE 6. LINEAR EQUATIONS FOR MISR.............................................................................................................................. 13 

FIGURE 7. GAUSS-JORDAN ELIMINATION OF MISR EQUATIONS................................................................................................. 13 

FIGURE 8. X-CANCELING MISR ARCHITECTURE ....................................................................................................................... 15 

FIGURE 9. X-CANCELING MISR ARCHITECTURE WITH X-CHAINS ................................................................................................ 16 

FIGURE 10. REDUCTION IN CONTROL BITS VERSUS X-CHAINS FOR CKT-A WITH 1% D'S ................................................................. 19 

FIGURE 11. PROPOSED DYNAMIC CHANNEL ALLOCATION SCHEME ............................................................................................. 28 

FIGURE 12. EXAMPLE OF REORDERING TEST CUBES TO MINIMIZE WORST CASE TOTAL NUMBER OF TESTER CHANNELS ...................... 30 

FIGURE 13. SCHEME FOR SELECTIVE ANDING OF MULTIPLE OUTPUTS OF MASK DECOMPRESSOR TO IMPROVE OBSERVABILITY ............ 32 

FIGURE 14. PLOT OF OBSERVABILITY IMPROVEMENT VERSUS NUMBER OF TESTER CHANNELS FOR CKT-A ......................................... 35 

FIGURE 15. PLOT OF OBSERVABILITY IMPROVEMENT VERSUS NUMBER OF TESTER CHANNELS FOR CKT-B ......................................... 36 

FIGURE 16. BLOCK DIAGRAM OF PROPOSED SCHEME .............................................................................................................. 42 

FIGURE 17. EXAMPLE OF D BLOCKED FROM OBSERVATION ....................................................................................................... 43 

FIGURE 18. D BECOMES OBSERVABLE WITH ROTATION ............................................................................................................ 44 

FIGURE 19. HILL CLIMBING PROCEDURE FOR INPUT ORDERING ................................................................................................. 46 

FIGURE 20. PERCENTAGE OF D'S OBSERVED VERSUS NUMBER OF X'S PER SLICE FOR 610-TO-61 COMPACTOR ................................. 49 

FIGURE 21. OUTPUT DEPENDENCY MATRIX ........................................................................................................................... 53 

FIGURE 22. PSEUDO CODE ................................................................................................................................................. 55 

FIGURE 23. MATRIX WITH DIFFERENTIAL-BITS ........................................................................................................................ 57 

FIGURE 24. OBSERVABILITY OF D'S FOR 2420-TO-120 COMPACTOR ......................................................................................... 59 

FIGURE 25. OBSERVABILITY OF D'S FOR 2420-TO-80 COMPACTOR ........................................................................................... 61 

 

 

 

 

  



   1 

Chapter 1: Introduction 

 

Because of low manufacturing yields, IC's must be thoroughly tested after they are 

manufactured to weed out defective parts.  Conventional testing involves running 

automatic test pattern generation (ATPG) software to generate test vectors that target faults 

and then applying the test vectors to the device-under-test from automated test equipment 

(ATE).  Modern IC’s incorporate dedicated design-for-test (DFT) circuitry to allow more 

efficient testing.   One of the basic DFT techniques used is to stitch the sequential elements 

of the design together into scan chains to allow test patterns from the tester to be shifted in 

to the circuit-under-test (CUT), and the output response after the test is applied to be shifted 

back to the ATE.  The rate at which test data can be transferred between the tester and the 

CUT is limited by the bandwidth between the tester and the CUT.  

As technology has scaled, the amount of logic implemented in chips has grown 

faster than the number of chip pins such that the amount of logic to be tested per pin has 

increased. This has put an increasing stress on the bandwidth between the ATE and CUT. 

On the other hand, smaller technologies allow for more transistors on SOC which has 

continued to double every eighteen months. More transistors and the growing density of 

each technology generation lends itself to higher faults and means more test data on the 

ATE needs to be transferred to the CUT to test the additional transistors and achieve higher 

coverage.  Consequently, test data volume has increased faster than the bandwidth to the 

tester resulting in significantly increasing test time. Testing cannot go any faster than the 

amount of time it takes to get the data from the ATE and test time can be generalized with 

the equation below [Touba 06]: 

 

Test time (amount of test data on tester) / (number of tester channels tester 

clock rate) 
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1.1 Test Compression 

Test compression techniques have been widely adopted in the industry to both 

reduce test time and increase the life of existing ATE by reducing ATE memory 

requirements.  As shown in Figure 1 the main idea of test compression is to add 

decompressor DFT logic on the CUT to decompress test data from the ATE and 

Compressor DFT logic to compress the output response before it is transferred back to the 

ATE. This additional hardware overhead allows data on the tester to be stored in 

compressed form and provides two main benefits. Firstly, it reduces the memory footprint 

of the test set on the ATE since it is compressed and extends the life of old testers with 

lower memory. Secondly since the data on the ATE is transferred in compressed form and 

decompressed on the CUT, the test time is reduced for a given bandwidth between the ATE 

and CUT and this is the main benefit of test compression that justifies the hardware 

overhead. 

 

 

Figure 1. DFT Architecture 
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As can be seen from Figure 1 there are two sides to test compression, the input 

compression which takes compressed data from the ATE and decompresses on the CUT 

and the output compression that compresses data on the CUT and transfers back to the 

ATE. In order to maintain fault coverage, the ATE has to apply a precisely deterministic 

test set to the CUT and this requires the input compression to be lossless as it must be able 

to produce all the care bits after decompression.  

On the other hand, output compression does not need to be lossless and can lose 

some data with minimal impact to fault coverage. This enables sequential linear 

compactors like multi-input-shift-registers or MISRs to be used for output compaction and 

these can achieve very high compaction.  Figure 2 shows an example of a MISR that is 

compacting data from the six scan chains and storing the results in compressed form. 

MISRs keeps shifting data from scan chains over time by compressing output responses 

over multiple clock cycles and have minimal coverage loss due to very low probability of 

aliasing making them ideal for output compression. 
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Figure 2. MISR 

 

1.2 Sources of  X’s  

One major challenge in test compression is the fact that the output response may 

contain some unknown (X) values, which when compressed can corrupt large portions of 

the output response such that the ATE can miss errors resulting in lower fault coverage and 

unacceptable test quality. Figure 3 shows an example of a circuit that can create an 

unknown (X) during testing. In functional operation, this circuit will be guaranteed to only 

enable one of the two tri-state drivers, however during testing, pseudo-random patterns are 

shifted to the CUT from the ATE and if those patterns enable both tri-state drivers, the 

output driven by them will be an unknown (X).  

 

O3O9O15

O4O10O16

+

O5O11O17

O6O12O18 +

+

+

M3 = O2ÅO7 ÅO5 ÅO10ÅO15

M4 = O1ÅO6ÅO11ÅO16

M5= O1ÅO2ÅO7ÅO12ÅO17

M6 = O2ÅO7ÅO18

+

+O2O14

O1O13

O8

O7

M2 = O1ÅO2ÅO4ÅO7ÅO9ÅO14

M1 = O1ÅO3ÅO8ÅO13



   5 

 

Figure 3. Example of X generating circuit 

 

There are many other common sources of unknown values in the output response 

including uninitialized memories, analog blocks, false paths, and multi-cycle paths. During 

testing and initial CUT bring up for testing the data in memories on the CUT is not valid 

and unknown. After scan data is shifted into sequential elements of CUT and a functional 

capture cycle is applied, data from these memories is also captured into sequential elements 

being tested. Since the data in the memory is an X, the data captured and shifted out to the 

ATE is also an X. Similarly, analog blocks are not part of digital testing and any sequential 

element in the fanout cone of an analog block during testing may be capturing Xs.  

The X’s generated due to false paths and multi-cycle paths are generated within the 

CUT that is being tested, similar to the two tri-state drivers shown in Figure 3. In functional 

operation, a timing path can be guaranteed to be false or known to be multicycle. For 

example, during an arithmetic multiply operation the functional state machine is designed 

to wait x-clock cycles before a valid output is expected. During scan testing this may be 

timed at single cycle, even though the multiplier is given known data, the output of the 

multiplier after a single cycle will generate a bunch of X’s which will get captured and 

shifted out to the ATE. 

As technology shrinks SOCs are getting bigger and more complex and there is 

increasing interaction between analog blocks and digital ICs. Increasingly complex designs 
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are lending themselves to a larger number of timing exceptions like false paths and multi-

cycle paths and all of these is causing the X’s seen during testing to continue to go up. 

 

1.3 Handling X’s in Output Compaction 

While automated test equipment (ATE) can be programmed to ignore certain bits 

in the output response, in test compression and BIST, output compaction is employed 

where multiple output response bits are exclusive-ORed (XORed) together on-chip. As 

shown in Figure 4, if an X bit is XORed with a non-X bit, then observation of the non-X 

bit is lost.  Loss of observation reduces the ability to perform diagnosis, reduces coverage 

of non-modeled faults, and can result in more test patterns needing to be applied to achieve 

the same fault coverage (i.e., test pattern inflation).  The amount of observation that is lost 

scales directly with the amount of compression employed thereby making this problem a 

major impediment to achieving high amounts of test compression.  Compounding the 

problem is the fact that the ratio of X-values to non-X values (i.e., the X-density) is trending 

higher in each successive generation of technology. 

 

Figure 4. Unknowns Corrupting output of Linear Combinational Compactor 
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A number of techniques have been developed to handle X’s in the output response.  

One approach is to modify the circuit-under-test (CUT) to eliminate the sources of X-

values. This involves blocking sources of X within the circuit by inserting design-for-

testability (DFT) hardware to prevent Xs from propagating into scan cells [Wang 06]. 

Another approach, which does not require modifying the CUT, is X-masking which masks 

out X’s at the input to the compactor. Mask control data is used to specify which scan chain 

outputs should be masked during specific clock cycles.  Many schemes for X-masking 

hardware design and mask control data compression have been developed [Barnhart 01], 

[Pomeranz 02], [Chickermane 04], [Volkerink 05], [Chao 05], [Tang 06], [Rajski 08] and 

[Mrugalski 09].  A third approach is to use an X-tolerant compactor which can compact an 

output stream that contains X’s without the need for X-masking.  X-tolerant compactors 

have been developed based on linear combinational compactors [Mitra 04], [Sharma 05], 

[Wohl 07a, 07b], finite memory compactors [Wang 03], [Rajski 05, 06], [Gizdarski 10], 

and X-canceling MISRs [Touba 07], [Yang 12] and [Chung 12]. 

 

1.4 Motivation 

All of the previous techniques struggle to handle high X-densities while still 

maintaining high test compression. As chips continue to increase in size and complexity, 

the number of X's is expected to continue increasing with the trend towards greater use of 

memories, analog blocks, and complex multi-cycle paths.  Compacting output streams that 

have X’s is a major issue for test compression and also built-in self-test (BIST).  Solutions 

to efficiently handle X’s with minimal modification of the circuit-under-test (CUT) are 

needed.  This is the motivation of this work, and this dissertation presents novel designs 

and techniques to increase the efficiency of handling X’s and improve output compaction 

for higher X densities. The contributions of this dissertation are: 
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• A novel technique for increasing compaction in the presence of high X-densities using 

partial masking in X-chains together with an X-canceling MISR. An X-Canceling 

MISR [Touba 07] provides the ability to tolerate unknowns (X’s) in the output response 

with very little loss of observability of non-X values. When the density of X’s is low, 

an X-Canceling MISR is extremely efficient as the number of control bits depends only 

on the total number of X’s in the output response. However, for higher X-densities, an 

X-Canceling MISR becomes less efficient. The use of X-chains enables an X-

cancelling MISR to be used for higher X-densities but requires a careful selection of 

the number of X-chains. This work is described in Chapter 2 and was published in 

[Bawa 12]. 

• A method for achieving greater compression of X-masking control data for a given 

number of tester channel by performing dynamical channel allocation. One approach 

for handling X's which does not require modifying the circuit-under-test (CUT) is to 

use X-masking in which X's are masked out at the input to the compactor, e.g., a 

multiple-input signature register (MISR). By using dynamic channel allocation 

together with test vector ordering more free variables are created and this spare 

capacity is used to improve observability. This work is described in Chapter 3 and was 

published in [Bawa 13]. 

• A new approach of using a combinational rotator between the scan chains and a 

combinational compactor to scale for higher X-densities without the need for masking. 

For low X-densities, techniques that use sequential linear compactors such as MISRs 

or convolutional compactors, can typically achieve higher amounts of compression 

than combinational compactors. For high X-densities, combinational compactors 

become more efficient in preserving observability thereby reducing test pattern 

inflation so as to achieve a higher overall amount of test compression. This work is 

described in Chapter 4 and was published in [Bawa 15]. 

• A novel and completely new methodology for designing a combinational output 

compactor based on using an input rotator that is able to maintain high observability 

even in the presence of high X-densities while still achieving high compaction ratios. 
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The key idea here is to maximize the separation of bits that are compacted after 

rotation. This work is described in Chapter 4 and was published in [Bawa 17]. 

 

1.5 Dissertation Organization 

This dissertation is organized as follows. In Chapter 2 masking techniques are presented to 

improve the efficiency of a sequential linear compressor (MISR) which is followed by 

Chapter 3 that presents new ways of compressing masking control data to achieve higher 

compression.  Chapter 4 presents a new idea of using a rotator to improve observability of 

X-tolerant combinational compactors and in Chapter 5 a novel linear combinational 

compactor is presented that uses the rotator presented in Chapter 4 to achieve significantly 

higher observability and handle a much larger X-density. Experimental results and 

conclusions are presented in the respective chapters.  
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Chapter 2: Partial Masking in an X-Canceling MISR 

2.1 The Problem 

The advantage of an X-canceling MISR (the operation of which will be described 

in Sec. 2.3 ) is that it is very precise in canceling out the X’s, losing observation of very 

few of the non-X values. Thus, it retains both the modeled and non-modeled fault coverage 

of the original test set. Conventional X-masking approaches which mask out entire scan 

chains or entire scan slices are more blunt approaches which lose observation of a 

considerable number of scan cells in the process of masking out X’s. This results in more 

test vectors needing to be applied to achieve the same fault coverage and impacts non-

modeled fault coverage. When the X-density is low, an X-canceling MISR is very efficient 

and requires fewer control bits than conventional X-masking approaches. However, as the 

X-density increases, the control bits for X-canceling begins to exceed those required for 

X-masking, and it becomes less efficient. 

 

2.2 Related Work 

Some previous work has looked at improving the efficiency of an X-canceling 

MISR by trying to reduce the number of X’s that reach it. In [Datta 11], circular registers 

are used to stack X’s on top of each other so they can be treated as a single X when 

performing X-canceling. In [Ramdas 12], a toggle-masking scheme is used to mask 

consecutive bits of X’s at the output of all scan chains. This requires log2(n+1) dedicated 

control bit channels from the tester for n scan chains and significant design overhead (n 

XOR gates, n MUX gates, n flip-flops and a log2(n+1) by (n+1) decoder). The proposed 

scheme performs a much lower cost partial X-masking requiring only one dedicated control 

bit channel from the tester and only one AND gate per chain for a subset of scan chains. 

It has been observed by researchers [Czysz 10] and [Wohl 10], that there is a lot of 

locality in the scan cells where X’s are captured. A relatively small percentage of the scan 

cells capture the vast majority of the X’s that are generated. In [Wohl 08], the idea of 
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stitching together the scan cells that capture the most X’s into a small number of “X-chains” 

was proposed in the context of combinational compaction. The modes of the combinational 

compactor were designed so that the X’s in the X-chains could be tolerated with less cost. 

This chapter proposes an approach that uses the idea of X-chains in the context of an X-

canceling MISR. In the proposed approach, a partial X-masking scheme is used for the X-

chains to mask the vast majority of the X’s at very low cost. The partial X-masking scheme 

involves analyzing the output response in the X-chains and avoiding masking slices when 

there will be loss of fault detection. In the slices where the X-chains are not masked, any 

X’s that appear are allowed to pass through to the MISR, which will be referred to here as 

“X-leaking.” In a conventional X-masking scheme, X-leaking is not tolerable because it 

will corrupt the MISR signature. Consequently, over masking ends up being done to ensure 

that there is no X-leaking. This results in loss of observability and consequently loss of 

fault detection. More ATPG vectors end up being used to achieve the desired modeled fault 

coverage. With an X-Canceling MISR, X-leaking is not a problem because the X’s can be 

canceled out in the MISR signature. The responses in the scan slices that are not part of the 

X-chains also go into the X-canceling MISR where any X’s that appear are canceled. 

The proposed approach exploits the fact that the number of control bits required to 

cancel X’s in an X-canceling MISR depends only on the total number of X’s. So, it is very 

efficient to handle any residual X’s that don’t get canceled in the X-chains. By masking 

the vast majority of the X’s with the low cost partial masking in the X-chains, the control 

bits required to handle the remaining X’s that get into the X-canceling MISR are greatly 

reduced. 

 

2.3 Review of X-Canceling MISR 

This section gives a brief overview of the operation of an X-canceling MISR.  A 

more detailed explanation can be found in [Touba 07]. 
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Assume the output response has been captured in the scan chains after applying a 

test vector.  The value in each scan cell is represented with a symbol.  An example is shown 

in Figure 5.  Once the output response has been shifted in to the MISR, the final MISR 

signature can be expressed in terms of the symbols through symbolic simulation.  Each 

MISR bit is represented by a linear equation of the scan cell symbols. Figure 5 illustrates 

this symbolic representation.  The final value of the top bit of the MISR is 

X1O3O8O13, where Xi denotes an X value and Oi indicates a non-X value. 

 

 

Figure 5. Example of Symbolic Simulation of MISR 
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Figure 6. Linear Equations for MISR 

 

 

Figure 7. Gauss-Jordan Elimination of MISR Equations 
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If the number of columns is less than the number of rows, i.e., the number of X’s is 

less than the MISR size, then some row combinations will be linearly dependent.  Gauss-
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Jordan elimination [Cullen 97] can be performed on the matrix in Figure 6 to identify the 

linearly dependent combinations of rows as illustrated in Figure 7.  The last two rows in 

Figure 7 have all 0s and this indicates combinations of MISR bits in which all the X’s 

cancel out.  The first all-0 row corresponds to M1M3M5.  This implies that XORing 

MISR bits M1, M3, and M5 generates an “X-canceled” signature bit which depends only on 

scan cells that captured non-X values as shown below: 

 

M1M3M5 = O3O5O8O10O12O13O15O17 

 

The values of these X-canceled MISR bit combinations are deterministic and can 

be predicted through simulation.  Therefore, during test, they can be compared with their 

fault-free values in order to detect errors. 

The architecture of an X-canceling MISR is shown in Figure 8.  The MISR captures 

response across many clock cycles and may span multiple test vectors until the MISR fills 

up with X’s. The MISR signature is then processed by selectively XORing linearly 

dependent combinations of MISR bits in terms of the X’s to generate an X-free output 

response to send to the tester.  The error coverage can be made arbitrarily high by 

generating and checking a sufficient number of X-canceled output responses.  The 

probability of not detecting an error drops by a factor of 2 for each X-canceled combination 

that is checked.  If q X-canceled combinations are checked, then the error coverage for it 

will be 1-2-q.  So, if q=7, then the error coverage will be 99.2%, and each MISR signature 

can capture up to (m-7) X’s where m is the size of the MISR. 
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Figure 8. X-canceling MISR Architecture 

 

2.4 Partial Masking in X-Chains to Increase Compaction for an X-

Canceling MISR 

The proposed method describes a very effective approach for using an X-Canceling 

MISR for designs with high X-density. It utilizes the idea of stitching together scan cells 

that capture the largest number of X’s into “X-chains” as was proposed in [Wohl 08]. In 

the proposed approach, a partial X-masking approach is used for the X-chains to eliminate 

the vast majority of the X’s at very little cost in terms of control bits. Only the X’s coming 

from the scan cells not in the X-chains plus X’s that are left unmasked in the X-chains need 

to be handled by the X-canceling MISR thereby significantly reducing the total number of 

control bits required. Experimental results show an order of magnitude improvement in the 

output compaction can be achieved. 

A block diagram of the proposed scheme is shown in Figure 9.  As can be seen, 

there is a mask bit that is set to 0 to mask the data coming out of X-chains to a known value 

which is 0.  The masking is done on a cycle-by-cycle basis.  This mask bit is set to 0 in all 

cycles except when one of the data bits coming from the X-chains has a value that must be 

observed to ensure detection of faults.  This is determined by keeping track of which scan 
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cells the fault effects propagate to during fault simulation and marking them as D’s.  When 

performing X-masking, the D’s should not get masked.  One tester channel is used to drive 

the X-chain mask control bit and masks all the X-chains in clock cycles when no D’s occur, 

but does not mask X-chains in cycles when there are one or more D’s.  When the X-chains 

are not masked, there is a possibility of an X passing through to the MISR which results in 

“X-leaking”.  In conventional X-masking applications, X-leaking cannot be tolerated, but 

in this scheme with an X-canceling MISR, they can be canceled out in the MISR signature. 

 

 

Figure 9. X-canceling MISR Architecture with X-Chains 

 

 

The advantage of using the proposed scheme compared to just using a conventional 

X-canceling MISR is that it takes fewer control bits to mask out X’s in the X-chains than 

it does to cancel them out in the MISR signature.  One control bit is used in each clock 

cycle, and since the X-chains have a high density of X’s, many X’s get masked out.  This 
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significantly reduces the number of X’s that have to be canceled out in the X-canceling 

MISR. 

The overall effectiveness of this scheme will depend on how many X-chains are 

used, since the greater the number of X-chains the greater the chances that one of them will 

have a D in a given scan slice and thus result in more X-leaking. On the other hand, if the 

number of X-chains are too small, then there will be more X’s in the regular scan chains 

and that will also lead to more X’s in the MISR. The ideal number of X-chains that are 

used will thus be design dependent.  Selecting the optimal number of X-chains is discussed 

in the next section. 

 

2.5 Selecting Number of X-Chains 

The optimum number of X-chains depends on the frequency of X’s and the 

frequency of D’s.  Table 1 shows experimental results for a circuit where different numbers 

of X-chains were tried.  The first column shows the number of X-chains.  The second 

column shows the percentage of the X’s that ended up being captured in the X-chains.  As 

the number of X-chains increases, the percentage of X’s captured in the X’s chains 

increases until it reaches 100% with 36 X-chains.  The third column shows the total 

percentage of X’s masked in the X-chains (which obviously cannot be greater than the 

percentage of X’s captured in the X’s chains).  The reason why the percentage of X’s 

masked is less than the percentage captured in the X-chains is because of the presence of 

D’s in the X-chains which prevent masking in some clock cycles.  As the number of X-

chains increases, the chance of a D appearing during a given clock cycle goes up and 

consequently the amount of X-leaking also goes up.  As can be seen, the percentage of X’s 

that are masked peaks at 12 X-chains.  When the number of X-chains is increased to 18, 

even though the total number of X’s in the X-chains increases from 95.6% to 99.0%, the 

X’s masked goes down because the D’s cause more X-leaking.   The last column shows 

the total number of control bits which is equal to one bit per clock cycle for the X-chain 

mask control bit plus the control bits required for canceling out the X’s that get into the X-
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canceling MISR.  The number of control bits is minimized for 12 X-chains because at that 

point the percentage of X’s masked is maximized meaning less X-canceling is required. 

This information is also shown graphically in Figure 10 where the total control bits is 

plotted on the y-axis with the number of X-chains in the X-axis.  As can be seen, as the 

number of X-chains is increased, initially the total control bits is reduced until it is 

minimized at some point beyond which it begins to increase as additional X-chains are 

added. 

This same type of curve was observed for all circuits in which experiments were 

performed.  Selecting the optimal number of X-chains involves performing simulations to 

find the number of X-chains where the curve minimizes. 

It is possible to partition the X-chains and use multiple tester channels to bring in 

more control signals to perform partial X-masking on each of the partitions of X-chains.  

While this will reduce X-leaking, the gain in terms of overall control bits is not substantial 

enough to offset the cost of using the additional tester channels.  As can be seen in Table 

1, 89.2% of X’s is already masked with 12 X-chains.  So, the maximum possible 

improvement for more masking is limited to only 10.8% which is simply not enough to 

make the use of an additional tester channel to support more X-chains to be worthwhile. 

 

Table 1 Experimental Results for Ckt-A Using Different Numbers of X-chains 

Num. X-Chains X’s in X-Chains X’s Masked Total Control Bits 

4 58.7% 58.1% 22.3M 

8 84.5% 81.4% 10.7M 

12 95.6% 89.2% 6.8M 

18 99.0% 87.3% 7.8M 

36 100% 73.6% 14.6M 
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Figure 10. Reduction in Control Bits versus X-Chains for Ckt-A with 1% D's 

 

2.6 Experimental Results 

Experiments were performed on three industrial circuits with different X-densities 

to evaluate the proposed method of using partial masking in X-chains in conjunction with 

an X-canceling MISR [Touba 07].  A 256 bit MISR was used, however, as shown in [Touba 

07], the total number of control bits is relatively independent of the size of the MISR, so 

different size MISRs would show similar improvements. The circuits themselves were not 

available, so fault simulation was not used to mark the exact locations of the D’s.  Instead, 

D’s were randomly injected assuming different percentages of D’s. 

Table 2 shows results for three different circuits for different numbers of D’s and 

X-chains.  The X-density for each circuit (which is the percentage of X’s) is shown in the 

first column.  The second column shows the total number of bits stored on the tester for 

using an X-canceling MISR as described in [Touba 07].  The third column shows the 

number of X-chains that was used.  Three different numbers of X-chains were tried for 

each circuit.  The next columns show the results for the proposed scheme assuming 0.5% 



   20 

D’s, 1% D’s, and 2% D’s.  For each case, the total number of bits stored on the tester is 

shown and the improvement factor versus using an X-canceling MISR by itself is shown. 

 

Table 2. Experimental Results for Proposed Partial Masking in X-Chains for 

Different Designs 

 

As can be seen in Table 2, a significant improvement in compression is achieved 

with the proposed scheme for both low and high X-density circuits. The greatest 

improvement is for Ckt-B which has the highest X-density. For Ckt-C, even though the X-

density is very low it still gives significant improvement in compression.  It can be expected 

that as the X-density increases, the proposed scheme will provide increasingly larger 

improvement factors. 

 

 

 

Circuit 

X-

Canceling 

[Touba 07] 

Bits 

Num. 

X-

Chains 

0.5% D's 1% D's 2% D's 

Bits 

Improve 

Factor Bits 

Improve 

Factor Bits 

Improve 

Factor 

Ckt-A 

X-density 

= 2.4% 

49.97M 

10 5.1M 9.7 8.2M 6.1 10.3M 4.8 

12 5.2M 9.6 6.8M 7.3 9.8M 5.1 

15 4.6M 10.8 6.8M 7.3 11.0M 4.6 

Ckt-B 

X-density 

= 2.7% 

21.33M 

2 8.5M 2.5 8.5M 2.5 8.5M 2.5 

4 3.6M 5.9 3.6M 5.9 4.0M 5.3 

6 1.9M 11.2 2.3M 9.3 3.0M 7.1 

Ckt-C 

X-density 

= 0.5% 

5.2M 

1 1.9M 2.7 1.9M 2.7 1.9M 2.7 

2 1.5M 3.5 1.5M 3.5 1.5M 3.5 

4 1.5M 3.5 1.6M 3.3 1.7M 3.1 
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2.7 Summary 

An X-canceling MISR was shown in [Touba 07] to be very efficient for small X-

densities. The scheme proposed in this chapter exploits this fact by combining X-canceling 

with partial X-masking to handle high X-densities.  The result of masking X’s in X-chains 

is that the MISR has a lot fewer X’s and requires less cancelling which in turn means fewer 

control bits are needed. Because the proposed method can handle X-leaking, it is able to 

achieve high compression while still providing very precise masking where very little 

observation of non-X values is lost. This results in fewer test vectors and hence better test 

vector compression, output response compression, and test time. Since the test data 

bandwidth is always fully utilized with an X-canceling MISR, the test time reduction will 

scale directly with the reduction in control bits. 
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Chapter 3: Compression of X-Masking Control Data via Dynamic 

Channel Allocation 

3.1 The Problem 

One approach for handling X's which does not require modifying the circuit-under-

test (CUT) is to use X-masking in which X's are masked out at the input to the compactor, 

e.g., a multiple-input signature register (MISR).  In Chapter 2 partial X-masking was used 

on X-chains in combination with an X-tolerant compactor but for compactors that cannot 

tolerate unknowns, X-masking must be applied to all scan chains that can have an X. The 

key issue for X-masking is how to select which bits to mask.  It would be ideal if only the 

X values were masked and all non-X values were not masked, but the amount of mask 

control information required for this level of precision is prohibitive.  Consequently, some 

loss of observability is necessary in order to sufficiently compress the mask control 

information. This chapter will present novel ideas to improve the compression of X-

masking control data. 

 

3.2 Related Work 

A number of schemes for performing X-masking have been proposed. One 

approach is to mask the output of scan chains that contain X's during a whole scan out 

[Barnhart 01] and [Rajski 02].  If m is the number of scan chains, this approach would 

require m control bits (one per scan chain to indicate if it should be masked or not masked) 

for each test vector.  In this approach, the amount of mask control data is small, but 

observability is lost for all scan cells in each masked scan chain which can be problematic 

if some fault is only observable in a particular scan chain. 

To avoid losing observability of entire scan chains, another approach is to select 

which scan chains to observe in each shift cycle.  To reduce the number of control bits 

required in each shift cycle in this case, a small number of modes can be defined in which 

certain combinations of scan chains can be either masked or observed [Chickermane 04] 
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and [Wohl 07b].  In this case, the number of control bits required for each shift cycle is 

log2 of the number of modes. 

Some techniques have been developed to exploit correlations in the location of X's 

across output responses to reduce the amount of mask control data.  In [Wohl 08], the scan 

cells that capture the most X's are stitched in "X-chains" which allows the masking modes 

to be better optimized [Wohl 08].  In [Wohl 10] and [Czysz 10], the mask control data for 

output responses with similar X locations are merged together to reduce the amount of 

mask control data loaded from the tester. 

Mask control data can be compressed by using a sequential linear decompressor 

such as a linear feedback shift register (LFSR) or ring generator [Mrugalski 04].  In [Naruse 

03], the mask control data on a per-shift basis is compressed using LFSR reseeding 

[Könemann 91].  A drawback of this approach is that since the output of an LFSR is 1 and 

0 roughly 50% of the time, half of the non-X scan cells get masked as well, so overall 

observability is reduced by 50%.  In [Volkerink 05], multiple stages of an LFSR are 

ANDed together to reduce the probability of masking non-X values and hence increases 

observability.  In [Wang 08a], a minimal set of scan cells that need to be observed to detect 

all faults is determined by looking at where the fault effects for each fault propagate during 

the automatic test pattern generation (ATPG) process.  This information is used to simplify 

the linear equations when performing LFSR reseeding to obtain better compression of the 

mask control data.  Further optimizations for LFSR reseeding are described in [Wang 08b] 

by using group masking.  In [Czysz 10] and [Wohl 10], sequential linear decompressors 

are used to load a shadow register which holds the mask control data.  In this case, when 

the same masking pattern can be used for consecutive shift cycles, it is not necessary to 

reload the shadow register.  It only needs to be loaded when the masking pattern changes. 

Note that when using sequential linear decompressors, the amount of compressed 

data that is required is proportional to the number of specified bits that need to be generated.  

Each bit stored on the tester is a free variable that can be assigned either a 0 or 1.  To 

generate a certain set of specified bits at the output of a sequential linear decompressor, a 

linear equation needs to be solved for each specified (i.e., care) bit.  In order to solve the 
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system of linear equations, more free variables than care bits are required.  The number of 

free variables that need to be delivered to the decompressor is proportional to the number 

of care bits it needs to generate.  In the case of using a sequential linear decompressor to 

generate mask control data, the number of free variables is proportional to the number of 

X's in the output response.  The number of X's can vary considerably from one output 

response to the next.  The same issue is present when using a sequential linear 

decompressor for compressing test cubes (i.e., test vectors in which the unassigned inputs 

are left as don't cares).  The number of free variables required to encode a test cube is 

proportional to the number of care bits in the test cube, which again can vary considerably 

from one test cube to the next.  The tester channels deliver free variables in a steady stream 

each clock cycle.  The number of tester channels and clock cycles used to decompress 

either a test cube or mask control data is set based on the maximum number of care bits 

that need to be generated.  Hence the compression achieved depends on the worst-case test 

cube or mask control data. 

It is not feasible to use the same sequential linear decompressor for encoding both 

test cubes and mask control data because when encoding a test cube, the values in the non-

care bits cannot be determined until the linear equations are solved.  However, without 

knowing the values of non-care bits in the test cube, it is not possible to determine the 

presence and location of the X's in the output response.  For this reason, separate 

decompressors have to be used for the test cubes and the output response.  Once the test 

cubes are encoded using the test cube decompressor and the fully specified decompressed 

test vectors are known, then the output response can be determined and the required mask 

control data can be encoded with the mask decompressor.  Existing state-of-the-art 

techniques, e.g., [Czysz 10] and [Wohl 10], are based on having separate decompressors 

as described above. 

Note that the scan out of an output response is done concurrently with the scan in 

of the next test vector.  The free variables that are required to encode a test cube need to be 

delivered at the same time as the free variables that are required to encode the mask control 

data for the output response of the previously applied test cube. 
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3.3 Overview of the Proposed Scheme 

The idea proposed in this chapter is that rather than the conventional approach of 

having a fixed number of tester channels feeding the test cube decompressor and a fixed 

number feeding the mask decompressor, the number of channels feeding each is 

dynamically adjusted.  The key to making this very efficient is careful ordering of the test 

cubes.  Test cubes with larger numbers of care bits requiring more tester channels to bring 

in free variables are placed after test cubes whose output response has smaller numbers of 

X's requiring mask control data with smaller number of care bits and hence needing fewer 

tester channels to bring in free variables.  On the flip-side, test cubes with smaller numbers 

of care bits are placed after test cubes whose output response has larger numbers of X's.  

By balancing the number of free-variables needed by each decompressor, the worst-case 

total aggregate number of free variables needed for decompressing any test cube and output 

response pair can be minimized.  This allows greater compression for a given number of 

total tester channels that are available from the tester. 

To illustrate the improvement in encoding efficiency that is possible with the 

proposed approach, consider the following example.  Suppose the worst-case number of 

free variables needed to encode any test cube was 1000, and the worst-case number of free 

variables needed to encode the mask data for any output response was 600.  If there were 

16 tester channels, then the conventional approach would be designed with 10 channels 

feeding the test cube decompressor and 6 channels feeding the output response 

decompressor.  In this scenario, 100 clock cycles would be used to decompress each test 

cube so that enough free variables are supplied to the decompressors to encode the worst-

case test cube and worst-case mask data.  With the proposed approach, the worst-case test 

cube needing 1000 free variables would get matched with the output response requiring the 

fewest free variables, let's say it was 100 for example.  When decompressing that test cube, 

14 channels could be allocated for the test cube decompressor and 2 channels could be 

allocated to the mask decompressor.  In that case, only 1000/14 = 72 clock cycles would 
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be sufficient to provide enough free variables for both the test cube decompressor and mask 

decompressor (which would receive 2x72=144 free variables).  For the worst-case mask 

data needing 600 free variables, perhaps it could be matched with a test cube needing let's 

say 400 free variables, then when decompressing that test cube, 9 channels could be 

allocated to the mask decompressor and 7 channels could be allocated to the test cube 

decompressor.  In that case, only  600/9 = 67 clock cycles or more would be sufficient to 

provide enough free variables for both the mask decompressor and test cube decompressor 

(which would receive 7*67=469 free variables).  Looking across all test cube and mask 

data pairs, if the worst-case number of clock cycles needed turned out to be 72, then that 

would determine the number of clock cycles used when decompressing all test cube and 

mask data pairs.   The improvement in compression achieved by the proposed approach in 

this example would be (100-72)/72 = 39%.  Both the test time and the tester memory usage 

would be reduced by 39%. 

The basic idea in this chapter can be applied on top of any of the existing schemes 

that use sequential linear decompressors for compressing masking data to achieve greater 

compression.  For simplicity and without loss of generality, the approach is described here 

using a basic structure of having a sequential linear decompressor feeding masking logic 

on a per-shift basis similar to what is used in [Naruse 03] and [Volkerink 05].  Adding the 

optimizations described in other papers (e.g., [Wang 08a, 08b]) or adapting it for other 

architectures (e.g., Czysz 10]) is straightforward. 

One technique for boosting observability that is proposed here uses the idea from 

[Volkerink 05] of ANDing together the outputs of multiple stages of a sequential linear 

decompressor to reduce the probability of non-X values getting masked.  When multiple 

stages are ANDed together, it increases the number of free variables needed to encode the 

mask control data for eliminating the X's.  However, it may often be the case that more free 

variables can be supplied to the mask decompressor without impacting the compression.  

In other words, if it is determined, as in the example mentioned earlier, that say 72 clock 

cycles need to be used for the worst-case decompression, there are likely many other test 

cubes that need much less than the worst-case number of free-variables, so there is 
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essentially an excess number of free-variables supplied versus the number needed for many 

test cubes.  These excess free variables can be used to increase observability of non-X 

values by ANDing together multiple stages of the decompressor when producing the mask 

control data.  This extra observability essentially comes at no extra cost in terms of test 

time or additional data on the tester.  Additional observability helps to reduce test vector 

count and detect non-modeled faults. 

 

3.4 Dynamic Channel Allocation 

The proposed scheme is based on the idea of dynamically adjusting the number of 

tester channels that are used to feed the test cube decompressor and the masking 

decompressor on a per test cube basis.  The hardware for implementing this is shown in 

Figure 11.  There are b channels coming from the tester, and each sequential linear 

decompressor has b injector inputs.   At the start of decompressing each test cube, in the 

very first clock cycle, the data coming from the tester channels is loaded into the control 

register q.  The binary number stored in register q is the number of tester channels to use 

for the test cube decompressor.  This number is fed to a selector which selects channel1 

through channelq and masks off channelq+1 through channelb for the test cube 

decompressor by ANDing them with 0.  It does the opposite for the masking decompressor, 

i.e., channel1 through channelq are masked  and channelq+1 through channelb are passed 

through.  After the first clock cycle in which register q is loaded, in all subsequent clock 

cycles, the tester channels are used to inject free variables into the decompressors based on 

the channel allocation determined by q. 
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Figure 11. Proposed Dynamic Channel Allocation Scheme 

 

Using this hardware, it is now possible to select the channel allocation when 

decompressing each test cube.  The minimum number of channels needed to encode each 

test cube is determined by first estimating how many free variables will likely be needed 

to solve the linear equations based on the number of care bits in the test cube.  The 

corresponding number of channels needed to get that number of free variables is then 

calculated.  Then a linear equation solver is used to check if an encoding solution is possible 

for the estimated number of tester channels [Krishna 01] and [Wang 06].  If so, then the 

number of channels is incrementally reduced as long as a solution can be found until the 

smallest number of channels that still produces a solution is identified.  If the initial 

estimate of the number of channels was too low to begin with, then the number of channels 

is incrementally increased until a solution is found.  Once the minimum number of channels 

needed for encoding the test cube is found, then that is the value of q that will be used when 
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decompressing that test cube, and it will not be changed regardless of which output 

response is matched with this test cube.  This allows the fully specified decompressed test 

vector to be computed and simulated to obtain the output response and the location of any 

unknown X's that are produced.  These X values must be masked and hence create care bits 

in the mask control logic.  Given the care bits in the mask control logic, the same process 

of using a linear equation solver as was used for the test cubes can be performed to find the 

minimum number of channels needed to encode the mask control data for each output 

response. 

Given the number of channels used to encode each test cube, and the minimum 

number of channels needed to encode the mask control data for each output response, the 

order for applying the test cubes is selected.  As mentioned in section 3.2 , the output 

response for the previous test cube is scanned out concurrently with the scan in of the 

current test cube.  Hence the order in which the test cubes are applied determines which 

output responses are matched with which test cubes.  The procedure for ordering the test 

cubes to minimize the total number of tester channels required (and hence maximize 

compression) is as follows. 

For the very first test cube that is applied, the scan out is ignored, so there is no 

masking data required. The test cube requiring the maximum number of channels for 

decompression can be applied first.  By the same token, no test cube is scanned in when 

the very last output response is scanned out, the test cube whose output response requires 

the most channels can be applied last.  The rest of the test cubes are ordered such that test 

cubes requiring the most channels are matched with the output response requiring the 

fewest channels.  A small example to illustrate the test cube ordering is shown in Figure 

12.  There are 5 test cubes which are reordered to match the test cube and output response 

pairs in a way that minimizes the worst-case total number of channels.  In this example, 

the worst-case pair requires 16 tester channels to decompress. 
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Figure 12. Example of Reordering Test Cubes to Minimize Worst Case Total 

Number of Tester Channels 

 

Once the test cubes are ordered, the total number of channels needed to decompress 

each matched test cube and output response pair is computed by adding together the 

number of channels used for the test cube decompressor plus the minimum number of 

channels required for the mask decompressor. The maximum number of test channels 

required across all cases is the minimum number of tester channels that must be used when 

decompressing the test data for the CUT using this scheme. 

 

 

 

0 Chan4 Chan

3 Chan9 Chan

12 Chan13 Chan

10 Chan15 Chan

7 Chan5 Chan

ResponseTest Cube

0 Chan4 Chan

3 Chan9 Chan

12 Chan13 Chan

10 Chan15 Chan

7 Chan5 Chan

ResponseTest Cube

12 Chan12 Chan13 Chan

13 Chan0 Chan4 Chan

7 Chan3 Chan9 Chan

16 Chan7 Chan5 Chan

15 Chan10 Chan15 Chan

15 Chan

AggregateResponseTest Cube

12 Chan12 Chan13 Chan

13 Chan0 Chan4 Chan

7 Chan3 Chan9 Chan

16 Chan7 Chan5 Chan

15 Chan10 Chan15 Chan

15 Chan

AggregateResponseTest Cube

Reorder

Worst

Case

 



   31 

3.5 Increasing Observability 

As seen in the previous section, the total number of channels used depends on the 

worst-case across all matched test cubes and output response pairs.  In many cases, the 

matched test cube and output response pair may require fewer channels.  In those cases, 

more channels will be feeding the mask decompressor than necessary creating excess free 

variables.  In this section, a technique for exploiting these excess free variables to improve 

observability is described based on the idea in [Volkerink 05] of ANDing together stages 

of the decompressor. 

If two stages of the decompressor are ANDed together, the number of care bits 

needed to mask each X increases to 2 because the decompressor needs to generate 1's on 

both inputs of the AND gate in order to mask each X. However, for the non-X values, the 

probability of each being masked and losing observability is reduced to 0.25.  If a three-

input AND is used, then 3 care bits are needed to mask an X, and the probability of losing 

observability for a non-X is reduced to 0.125. 

The idea proposed here is to add a control register, m, which controls how many 

stages of the decompressor are ANDed together to drive the mask logic.  This is illustrated 

in Figure 13.  The m register can be loaded at the same time as the q register in the first 

clock cycle for each test cube.  In the example in Figure 13, the m register is a two-bit 

register which can take on 4 different values.  This allows from 1 to 4 stages of the 

decompressor to be ANDed together to drive the mask logic.  Depending on how many 

free variables are available in the mask decompressor, the m register can be set to AND as 

many stages as possible while still being able to solve the linear equations to encode the 

mask data. 

If y channels are needed to encode the minimum mask data with no ANDing of 

decompressor stages, then the number of channels needed to encode the mask dating with 

ANDing of k stages can be estimated as (k)( y) since the number of care bits in the mask 

control data increases by a factor of k. 
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Figure 13. Scheme for Selective ANDing of Multiple Outputs of Mask 

Decompressor to Improve Observability 

If the goal is to maximize the number of output responses that have k>1, then the 

procedure for ordering the test cubes is the following.  Test cubes are selected in order from 

the one requiring the most channels to the one requiring the fewest channels.  For each test 

cube, if all the remaining output responses that can be matched with it cannot have k>1 

without exceeding the total number of test channels available, then the output response 

with the most channels that can be matched without exceeding the total number of test 

channels is selected.  This increases the chance that subsequent test cubes can be matched 

with k>1. 
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Note that if the number of channels from the tester is increased beyond the 

minimum needed to encode all masks for k=1, then more output responses can be encoded 

with k>1 thereby increasing observability. The tradeoff between increasing the number of 

channels versus the improvements in observability are explored in the experimental results 

presented in the next section. 

 

3.6 Experimental Results 

Experiments were performed on two industrial circuits to evaluate the proposed 

method of using dynamic channel allocation with test cube ordering.  In Table 3, results 

are shown for the two circuits.  The number of scan cells are shown for each circuit, 

followed by results for using the conventional approach of having a fixed number of tester 

channels driving the test cube decompressor and a fixed number of tester channels driving 

the mask decompressor.  The amount of test data after compression is shown followed by 

the observability which in the conventional case is 50% assuming the decompressor drives 

the mask logic with an equal distribution of 0's and 1's.  Next, results are shown for the 

proposed method.  By dynamically allocating the channels, the total number of channels 

needed is reduced resulting in more compression.  Results are shown for three different 

levels of observability.  The first line for each circuit, shows the case where compression 

is maximized as much as possible and what the corresponding observability is.  The next 

two lines show where the number of channels is increased above the minimum to increase 

the number of excess free variables thereby allowing greater use of higher values of k to 

improve observability.  As can be seen from the results, a significant improvement in both 

compression and observability is achieved with the proposed method. 
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Table 3. Experimental Results for Proposed Partial Masking in X-Chains for 

Different Designs 

 

The tradeoff between compression and observability is explored further in the 

graphs in Figure 14 and Figure 15 for Ckt-A and Ckt-B, respectively.  These graphs show 

the number of test cubes with different values of k on the y-axis versus the increase in the 

number of tester channels over the minimum possible on the X-axis.  As the number of 

tester channels are increased, the number of excess free variables increases allow more 

output responses to be shifted out with higher values of k thereby increasing observability 

of the non-X values. 

Circuit 

Scan 

Chains 

Fixed Channels Proposed Dynamic Channel Allocation 

Compressed 

Bits 

Aggregate 

Observability 

Compressed 

Bits 

Percent 

Improve 

Aggregate 

Observability 

Percent 

Improve 

Ckt-A 

 

36,075 

  11.2M 42% 64% 28% 

19.3M 50% 13.4M 31% 70% 40% 

  15.7M 19% 77% 54% 

Ckt-B 

 

505,051 

  65.8M 33% 79% 58% 

97.7M 50% 79.0M 19% 88% 76% 

  92.1M 6% 93% 86% 
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Figure 14. Plot of Observability Improvement Versus Number of Tester 

Channels for Ckt-A 
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Figure 15. Plot of Observability Improvement Versus Number of Tester 

Channels for Ckt-B 

 

As can be seen in Figure 14 Ckt-A starts off with most test cubes masked with k=1 

which then decreases almost linearly with more tester channels while the number of test 

cubes that can be masked with k=4 increases almost linearly.  In Figure 15, Ckt-B which 

has a lower X density, starts with most test cubes masked with k>1 and gives a much higher 

observability for a small increase in tester channels.  As the tester channels keeps 

increasing, a point is reached where all the test cubes are masked with k=4. 
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3.7 Summary 

Dynamic channel allocation between the test cube decompressor and the output 

response decompressor can be implemented with a relatively small amount of logic (as 

illustrated in Figure 11), but can provide a significant boost in test compression.  Moreover, 

higher observability of non-X values which is important for improving coverage of non-

modeled faults can be achieved at no additional cost in terms of test data and relatively 

small additional hardware overhead (as illustrated in  Figure 13) with selective ANDing of 

the mask decompressor outputs.  
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Chapter 4: Improving X-Tolerant Combinational Output Compaction 

via Input Rotation 

 

4.1 The Problem 

The previous two chapters talked about different ways to handle X’s in the output 

response. Similar to the X-cancelling MISR described in Chapter 1, an X-tolerant 

combinational compactor can compact an output stream that contains X’s without the need 

for X-masking. Combinational linear compactors can be used to compact the output 

response for a large number of scan chains into a smaller number of outputs.  While some 

compactor designs can guarantee observation of all scan chains in the presence of a small 

number of X's, this may not be sufficient for designs with higher X densities. This chapter 

describes an approach for using a combinational rotator between the scan chains and 

compactor to allow detection of faults even in the presence of high X densities. 

 

4.2 Related Work 

A number of techniques have been developed to handle X’s in the output response. 

One approach is to modify the circuit- under-test (CUT) to eliminate the sources of X-

values. This involves blocking sources of X within the circuit by inserting design-for-

testability (DFT) hardware to prevent Xs from propagating into scan cells [Wang 06]. 

Another approach, which does not require modifying the CUT, is X-masking which masks 

out X’s at the input to the compactor. Mask control data is used to specify which scan chain 

outputs should be masked during which clock cycles. 

For low X-densities, techniques that use sequential linear compactors such as 

MISRs or convolutional compactors, can typically achieve higher amounts of compression 

than combinational compactors. However, because they XOR together large numbers of 

response bits, X values entering these compactors cause a greater degree of loss of non-X 

values which makes it harder for them to handle high X-densities. For high X-densities, 
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combinational compactors become more efficient in preserving observability thereby 

reducing test pattern inflation so as to achieve a higher overall amount of test compression. 

X-tolerant compactors have been developed based on linear combinational compactors 

[Mitra 04], [Patel 03], [Sharma 05] and [Wohl 07a, 07b, 08], finite memory compactors 

[Wang 03], [Rajski 05], [Rajski 06b] and [Gizdarski 10], and X-canceling MISRs [Yang 

12], [Bawa 12] and [Chung 12]. 

The focus of this chapter is on combinational compactors which have the 

advantages of very simple design and low overhead.  The original idea of designing a 

combinational linear circuit that can compact output responses with X’s was first described 

by Mitra and Kim [Mitra 04].  The idea is that each scan chain fans out to multiple outputs 

where they are XORed together.  The combinations of scan chains that are XORed together 

at each output are selected in such a way that if any single scan chain has an X value, it is 

still possible to observe all other scan chains.  The scan chain with an X value will corrupt 

all the outputs that it fans out to which will then be masked on the tester, but all other 

outputs can still be observed as all other scan chains fan out to at least one of those outputs. 

In [Wohl 07a], Wohl, et al., use the same principle, but limit the number of outputs 

that each scan chain fans out to only 3.  The output compactor is designed using Steiner 

triple systems [Colbourn 99] such that each scan chain fans out to three outputs where no 

other scan chain fans out to more than one of those three outputs.  Consequently, any two 

scan chains with X’s can be tolerated while still allowing observation of all other scan 

chains. 

While observation of all scan chains in combinational compactors can be 

guaranteed for a small number of X’s using the methods in [Mitra 04] and [Wohl 07a], this 

may not be sufficient for designs with higher X densities.  The scan cells that need to be 

observed to ensure detection of necessary faults for a test vector will be referred to as D 

values in this chapter.  When the number of X's in a particular scan slice is sufficiently 

large, it may block observation of some D's.  Handling more X’s can be done through either 

masking [Wohl 07b] or filtering [Sharma 05].  The technique in [Wohl 07b] provides the 
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ability to selectively mask on a slice-by-slice basis a sufficient number of scan chains such 

that all unmasked scan chains can be directly observed through the compactor.  The 

technique in [Sharma 05] involves adding an X-filtering circuit at the output of the 

compactor which can cancel out the X’s.  However, this comes at the cost of a large number 

of control inputs equal to a multiple of the number of X’s to be tolerated per slice thereby 

making it unattractive. 

The drawback of masking X’s is that in order to keep the amount of data required 

for masking at a reasonable level, the number of different combinations of scan chains that 

can be masked has to be kept small.  Consequently, the masking is coarse grain resulting 

in many non-X values also getting masked.  This reduces the amount of observation and 

can result in more test patterns needing to be applied to achieve the same fault coverage 

(i.e., test pattern inflation). 

The proposed idea involves tolerating high X-densities without masking.  The key 

idea is to exploit the fact that for combinational compactors where the inputs fan out to a 

small number of outputs, a sizeable fraction of the inputs will remain observable even in 

the presence of many X’s.  For example, consider a compactor designed using Steiner triple 

systems using the procedure in [Wohl 07b] that has 610 inputs and 61 outputs.  Even in the 

presence of 40 X’s in a scan slice, over 35% of the inputs remain observable.  Normally 

this is not sufficient as the probability of observing a particular D would be only 35%.  

However, the proposed approach adds a combinational rotator between the scan chains and 

the compactor which allows the connection of scan chains to compactor inputs to be shifted 

with the very last bit position being rotated to become the first bit position.  By selectively 

rotating, a D can be matched to an observable input ensuring that it will be observed at the 

output of the compactor.  A procedure for carefully ordering the inputs to the compactor to 

maximize the probability of having an observable input within a given maximum shift 

distance is described.  Using this procedure, the number of control inputs required for the 

rotator can be minimized. 
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To illustrate the advantage of the proposed approach, consider the example 

mentioned earlier of a Steiner triple system compactor with 610 inputs and 61 outputs.  

Whereas a conventional masking technique that can directly observe any D will only 

observe 61 of the 610 inputs (i.e., 10% observability), the proposed approach using the 

same number of control inputs would also observe any D, but would provide much higher 

observability.  As will be seen in the experimental results in Section 4.5 , for 10 X's, it 

would provide 95% observability, for 20X's, it would provide 76% observability, for 30X's 

it would provide 54% observability, and for 40X's it would provide 35% observability.  

Increased observability translates to less test pattern inflation and better compression as 

well as better coverage of non-modeled faults. 

Another nice property of the proposed method is that the control inputs to the 

rotator are don’t cares except for scan slices in which both D’s and X’s are simultaneously 

present.  For an arbitrary scan slice with no D’s or no X’s, it doesn’t matter how the inputs 

are connected to the compactor, the overall percentage of observable inputs will be 

approximately the same.  This makes it very efficient to drive the control inputs to the 

rotator from a linear decompressor.  This is a further advantage compared to masking 

approaches because driving the control inputs for masking circuitry with arbitrary values 

results in unnecessary masking and loss of observability, so typically an additional enable 

signal needs to be added to the design to disable the masking circuity when it is not needed 

if the other control signals are to be driven by a linear decompressor. 

Note that the Response Shaper in [Chao 05] and X-Align in [Sinanoglu 09a, 09b] 

also involve adding a block between the scan chains and combinational compactor.  

However, these methods are fundamentally different from the proposed method.  They 

involve using flip-flops to selectively delay subsets of scan chains so as to change the 

composition of X's and D's arriving at the inputs to the compactor.  Whereas the proposed 

method is using purely combinational logic to rotate the inputs to the compactor and not 

changing the composition of X's and D's.  Since it is only using combinational logic, the 

proposed method is a much simpler design with less overhead.  The proposed method is 
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actually orthogonal to the methods in [Chao 05] and [Sinanoglu 09a, 09b] and could be 

used in conjunction with those methods. 

 

4.3 Overview of proposed Scheme 

A block diagram for the proposed scheme is shown in Figure 16.  A combinational 

rotator is added between the scan chains and the inputs to a combinational compactor.  The 

additional hardware required for the proposed scheme beyond what is already present for 

test compression is shown in red.  The inputs to the combinational rotator can be driven by 

tester channels or can be driven by a linear decompressor.  As mentioned earlier, these 

inputs are don’t care except for scan slices when both D’s and X’s are simultaneously 

present.  When both D’s and X’s are simultaneously present, the control signals to the 

combinational rotator are selected to propagate the D’s. 

 

 

Figure 16. Block Diagram of Proposed Scheme 
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The number of control signals to the rotator determines the maximum shift distance 

that is possible.  For c control inputs, the maximum shift distance would be 2c-1.  The shift 

distance should be selected to achieve a high probability (e.g., greater than 99%) of being 

able to observe a D’s under the expected X density.  The number of control inputs will 

depend on the number of inputs and outputs to the compactor and the expected X density. 

A small example illustrating how the scheme works is shown in Figure 17 and 

Figure 18 .  There is one D input and two X inputs.  In Figure 17 where the rotation is 0, 

the two compactor outputs that the D fans out to both receive X inputs as well which blocks 

observation at the output.  In Figure 18, with the rotation set to 1, all the inputs are shifted 

one step to the left.  In this case, the D fans out to one compactor output that does not 

receive any X inputs, so it is able to be observed.  The addition of the combinational rotator 

provides the ability to avoid cases where D values get blocked. 

 

 

 

Figure 17. Example of D Blocked from Observation 
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Figure 18. D Becomes Observable with Rotation 

 

4.4 Procedure for Ordering Compactor Inputs 

Since a combinational rotator only shifts inputs and doesn't permute them, the order 

of the inputs in the compactor design is important.  Of course, for a completely symmetric 

compactor design, the order of the compactor inputs doesn’t matter for the proposed 

scheme.  However, in the general case, the compactor is not completely symmetric starting 

with the fact that the number of inputs times the number of fan outs per input may not 

necessarily be a multiple of the number of outputs.  Even if that is the case, it would still 

not be symmetric unless the fan outs for every input are connected in the exact same 

pattern. 

In the general case where the compactor is not symmetric, the probability of having 

an observable input within a given maximum shift distance depends on how the inputs to 

the compactor are ordered.  Some input orders can be better than others.  As a simple 

example, consider a maximum shift distance of 1.  Assume X’s are located at inputs i and 

j and a D is located at input k, and the X’s block observation of the D at all outputs that the 

D fans out to (as in the example in Figure 17).  If the inputs are shifted by a distance of 1, 
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then the X’s will now be located at inputs i+1 and j+1, and the D will be located at input 

k+1.  If an X at input i+1 and j+1 blocks a D at location k+1, then it will not be possible to 

observe the D within a maximum shift distance of 1.  In order to maximize the probability 

that a D can be observed in the presence of two X’s within a maximum shift distance of 1, 

the inputs should be ordered in a way that minimizes the number of i, j, k sets where X’s 

at i and j block a D at k, and X’s at i+1 and j+1 block a D at k+1. 
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Figure 19. Hill Climbing Procedure for Input Ordering 

SHIFT_OBSERVE(p,offset) {

For each output q reached from input position p {

Initialize set REACHq= 

For each input position i that reaches output q {

Add to set REACHq all outputs reachable from i+offset

}

}

If possible to cover all outputs reachable from p+offset

by selecting one element from each set of REACHq then {

/* Some combination of X’s that block p can block p+offset */

Return(FALSE)     

}

else {

/* No combination of X’s can block p+offset */

Return(TRUE)  

}

}

HILL_CLIMB_INPUT_ORDERING() {

Repeat {

Initialize swap_performed = FALSE

For each pair (p1,p2) of input positions for compactor {

Initialize starting_value = 0

If SHIFT_OBSERVE(p1-1,offset) then starting_value++

If SHIFT_OBSERVE(p1,offset) then starting_value++

If SHIFT_OBSERVE(p2-1,offset) then starting_value++

If SHIFT_OBSERVE(p2,offset) then starting_value++

Swap p1 and p2

Initialize swapped_value = 0

If ( SHIFT_OBSERVE(p1-1,offset) ) then swapped_value++

If ( SHIFT_OBSERVE(p1,offset) ) then swapped_value++

If ( SHIFT_OBSERVE(p2-1,offset) ) then swapped_value++

If ( SHIFT_OBSERVE(p2,offset) ) then swapped_value++

If ( swapped_value  starting_value ) then {

Swap p1 and p2 back to initial values

}

else if ( swapped_value > starting_value ) then {

swap_performed = TRUE;

}

}

} while ( swap_performed)

}
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Pseudo-code for a procedure that takes as an input a linear compactor design and 

uses a heuristic hill climbing process to reorder the inputs so as to improve the probability 

of observing D’s through rotating inputs is shown in Figure 19.  A basic subroutine used 

in the procedure is SHIFT_OBSERVE(p,offset) which determines whether a D at input 

position p that is blocked (where one X reaches each output that the D reaches) can be 

observed if it is shifted by some offset. The main procedure 

HILL_CLIMB_INPUT_ORDERING() is based on selecting a candidate pair of inputs 

(p1,p2) to swap.  If swapping inputs p1 and p2 will increase the number of D positions that 

can be observed by a shift offset of 1, then the swap is performed.  To determine this, four 

calls are made to SHIFT_OBSERVE, one each for p1, p2, p1-1, and p2-1.  Those four 

positions are the only ones that can be affected for a shift offset of 1.  The procedure could 

be expanded to also consider larger shift distances if desired.  Since it is a hill climbing 

procedure, it can be terminated at any time, and the best solution found so far can be used.  

So, it is very easy to tradeoff runtime versus optimality of the result. 

The heuristic procedure in Figure 19 is general can be used for any linear compactor 

design.  Note that for specific classes of compactor designs, it may be possible to construct 

an optimal procedure for ordering the inputs. 

 

4.5 Experimental Results 

Experiments were performed for two different linear combinational compactor 

designs.  Both were constructed using the procedure in [Wohl 07a] based on Steiner triple 

systems where each input to the compactor fans out to three outputs.  One design compacts 

425 scan chains into 51 outputs, and the other design compacts 610 scan chains into 61 

outputs.  Table 4 and Table 5 shows what percentage of D's could be observed for different 

percentage of X's using the conventional approach with no rotator, versus the proposed 

approach.  Results are shown for different numbers of control inputs going to the rotator.  

The maximum shift distance for the rotator is 2c-1 where c is the number of control inputs.  

As can be seen from the tables, for both compactors, 5 control inputs were sufficient to 
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handle up to 10% X's while maintaining 99% observability of D's.  As shown in Figure 20, 

for any given expected percentage of X's, the number of control inputs to the compactor 

can be selected accordingly in order to achieve a particular observability target.  It can also 

be seen that as the number of inputs to the compactor goes up, the effectiveness of a 

particular number of control inputs slightly reduces.  This is due to the fact that the ratio of 

the maximum shift distance for the rotator to the total number of inputs to the compactor 

is reducing. 

The overhead for a combinational rotator is one MUX per control input for each 

scan chain.  Since the number of control inputs can be expected to scale logarithmically as 

the number of scan chains increases, this overhead will scale well as the design size grows. 

 

Table 4. Percentage of D's Observed for Different Percentage of X's with 

Proposed Approach for 425-51 Compactor 

Percent 

X's 

425-to-51 Compactor 

No 

Rotator 

Rotator (Control Inputs) 

1 2 3 4 5 

0.5% 100% 100% 100% 100% 100% 100% 

1% 99.6% 100% 100% 100% 100% 100% 

2% 95.1% 100% 100% 100% 100% 100% 

3% 86.2% 98.2% 100% 100% 100% 100% 

4% 78.9% 94.3% 99.7% 100% 100% 100% 

5% 64.8% 87.8% 98.5% 100% 100% 100% 

6% 54.2% 79.1% 95.7% 99.9% 100% 100% 

7% 44.4% 69.2% 90.5% 99.1% 100% 100% 

8% 33.9% 56.5% 81.1% 96.4% 99.9% 100% 

9% 27.0% 46.8% 71.7% 92.0% 99.4% 100% 

10% 20.1% 36.2% 59.3% 83.5% 97.3% 99.9% 
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Table 5. Percentage of D's Observed for Different Percentage of X's with 

Proposed Approach for 610-61 Compactor 

Percent 

X's 

610-to-61 Compactor 

No 

Rotator 

Rotator (Control Inputs) 

1 2 3 4 5 

0.5% 99.9% 100% 100% 100% 100% 100% 

1% 99.0% 100% 100% 100% 100% 100% 

2% 92.4% 99.4% 100% 100% 100% 100% 

3% 80.8% 96.4% 99.9% 100% 100% 100% 

4% 67.3% 89.4% 98.9% 100% 100% 100% 

5% 54.0% 79.0% 95.6% 99.8% 100% 100% 

6% 40.3% 64.4% 87.4% 98.4% 100% 100% 

7% 30.7% 52.1% 77.1% 94.8% 99.7% 100% 

8% 23.0% 40.8% 65.0% 87.8% 98.5% 100% 

9% 17.1% 31.3% 52.8% 77.7% 95.1% 99.8% 

10% 12.5% 23.6% 41.6% 65.9% 88.4% 99.0% 

 

 

Figure 20. Percentage Of D's Observed versus Number of X's per Slice for 610-to-61 

Compactor 
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4.6 Summary 

The use of a combinational rotator is an attractive alternative to adding masking 

logic for handling designs with high X-density.  While the number of control inputs and 

overhead is comparable to what would be required for masking logic, more scan cells get 

observed when no masking is performed.  Moreover, the control inputs for a rotator will 

have more don't care conditions than masking logic which makes them more compressible 

if a decompressor is used to generate them.  Note also that a rotator can be used in 

conjunction with other techniques such as Response Shaper [Chao 05], X-align [Sinanoglu 

09], and even with masking techniques as well. 
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Chapter 5: Algorithmic Design of Input Rotation Compactor for 

Improved Compaction 

5.1 Background 

The previous chapter introduced an approach for using a combinational rotator 

between the scan chains and compactor to allow detection of faults even in the presence of 

high X densities. In this chapter, a novel and completely new methodology for designing 

an output compactor is presented. It is based on using an input rotator that is able to 

maintain high observability even in the presence of high X-densities while still achieving 

high compaction ratios.  The key idea is to place a combinational rotator in front of a 

carefully designed XOR network that maximizes separation of the input dependence in 

adjacent inputs within a particular shift distance of the input rotator.  The amount of rotation 

can then be selected on a per cycle basis such that an output response bit that needs to be 

observed can be matched (with a very high probability) to an input to the XOR compactor 

that ensures that it will be observable after compaction. 

 

5.2 Overview 

The technique in the previous chapter places a combinational rotator between the 

scan chains and the compactor. The rotator allows the connection of scan chains to 

compactor inputs to be shifted with the very last bit position being rotated to become the 

first bit position. By selectively rotating, a D can be matched to an observable input 

ensuring that it will be observed at the output of the compactor. The approach in Chapter 

4 was using a hill-climbing procedure in which inputs to a combinational compactor are 

swapped if the resulting compactor has a higher probability of observing D’s through 

rotating inputs. The design in Chapter 4 uses a comparable number of control inputs and 

overhead to what would be required for masking logic, but more scan cells get observed 

thereby reducing test pattern inflation and therefore improving overall compression. 
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This chapter describes a completely new and novel methodology for designing an 

output compactor based on an input rotator that is able to maintain high observability even 

in the presence of high X-densities and high compression ratios. The key idea is to construct 

an XOR network in a way that maximizes separation of the input dependence in adjacent 

inputs within a particular shift distance of the input rotator. A systematic procedure is 

presented for constructing such a decompressor analytically given a targeted compression 

ratio and maximum shift distance. Using this procedure, the decompressor that is 

constructed maximizes the probability of observing a D in one of the inputs reachable 

within the maximum shift distance. Experimental results show significant improvement in 

observability for high X-densities in comparison to the compactor in Chapter 4 which 

translates to higher fault coverage, better diagnosis, and less overhead. 

Note that the proposed method is compatible with methods that add flip-flops to 

selectively reshape output response such as Response Shaper in [Chao 05] and X-Align in 

[Sinanoglu 09a, 09b]. It can be used together with these methods, but for high X-densities 

it is effective by itself while using only combinational logic for a simpler design with less 

overhead. 

 

5.3 Proposed Compactor Design 

Since a combinational rotator only shifts inputs and doesn't permute them, the order 

of the inputs in the compactor design is important. The technique described here is to 

maximize the separation of bits that are compacted after rotation. The output of the 

combinational compactor can be represented using a dependency matrix where each row 

represents scan-chain output bits and columns represents the compactor output bits. The 

value ‘1’ denotes that input is being compacted in the corresponding output bit and a ‘0’ 

denotes the input is not in the fan-in cone of the output bit. Figure 21. shows a dependency 

matrix for a simple fanout=1 compactor, where every input is fanning out to just one output 

bit and each output bit is compacting three inputs e.g. Z[0] = I[0]  I[4]  I[6]. 
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In Figure 21 shifting of the inputs column down one row would simulate a shift 

distance of one and the result after shifting is shown on the right. As can be seen  after 

shifting Z[0]s1 = I[11]  I[3]  I[5] 

  

Figure 21. Output Dependency Matrix 

 

In order to maximize the shift distance, the output dependency matrix has to be 

filled such that the bits that are going to a particular output before shifting go to different 

output bits after shifting. To achieve this all rows that have a ‘1’ in the same column must 

have the very next row have ‘1’ in different columns (column-staggering). In the example 

above, the rows after I[0], I[4] and I[6] have ones in different columns (blue fill is 

staggered).  This is important to observe D’s in the presence of X’s, a simple example to 

demonstrate this is that if a D and X were being compacted in the same output bit before 

shifting they will be compacted by different output bits after shifting with a distance of 1. 
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It is also important to note that the dependency matrix maintains column-staggering 

regardless of the shifting distance applied. 

The above example also shows that a compactor in which each input goes to only 

one output (i.e., fanout=1) with 3X compression needs at least 4 output bits so that each of 

the row after the three inputs compressed have column-staggering. This can be expanded 

to say that for a compressor with fanout=1 and n-output bits, the max compression is (n-1) 

X. Therefore, if a compression of 10X is required, it will need 11 output bits. This means 

compression can scale linearly with output bits and is only limited by the desired 

observability and X-densities. 

 

5.4 Algorithm for Compactor Design 

The algorithm described in the previous section is shown in Figure 22. The 

dependency matrix(i,j) is set a row at a time. As the number of bits compacted for each 

output increases, the output(j) tracks it and the value of j is incremented/rotated for the next 

row. The example shown in Figure 21 is generated by using the code below and works for 

any number of scan chains as long as n output bits are used to achieve (n-1)X compression 

as described in the previous section 
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Figure 22. Pseudo Code 

 

5.5 Scaling to Higher Fanout 

The compactor design technique shown in the previous sections can be easily 

modified for higher fanout. In general, fanout > 3 are not preferred due to excessive routing 

requirements.  The Compactor shown in Figure 21 has multiple rows that are exactly the 

same and additional output differential-bits can be added to the compactor to differentiate 

these rows. The number of output bits needed will depend on the fanout and compression 

desired. Let’s say the compactor shown in the previous section needs to be expanded for 

fanout=3. Since the compression is 3X, basically each row of the matrix shown in Figure 

21 is exactly the same as two other rows and differential-bits need to be added to make 

them unique with the property that only two of the added bits can be a ‘1’, this would 

ensure each row has exactly three ‘1’s after two more ‘1’s are added. Figure 23 shows the 

differential bits added to compactor shown in the previous section to make each row of the 

compactor matrix unique and different. It can be seen that rows 0, 4 & 6 were exactly the 

 

i = 0  

j = 0 

while {$i<$scan_chains} { 

    matrix($i,$j) = 1 

 

    if {output($j) == 0} { 

        output($j) = 1 

    } else { 

        output($j) = output($j) + 1 

    } 

 

    i++ 

    j = $j + $output($j) 

    j = $j % $outputs 

} 

 

} 
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same and each gets a different set of differential-bits. The total number of differential-bits 

needed below is 3 since 3C2 is 3 which yields the three differential bit combinations of 011, 

110 & 101. Each row in the matrix that has ‘1’ in the same column then gets a different set 

of the of the differential bit. This can easily be expanded to higher fanout and compression, 

for example if a compression of 10X is desired with a fanout limit of 3, the number of 

differential bits needed will be 5 since 5C2 will give 10 different differential-bit sets that 

can be added to each of the 10 rows that are compressed in the same output bit. The general 

formula for this is: 

(differential-bits)C(fanout-1) = Compression 

 

As can be seen in Figure 23, the addition of differential bits significantly reduces 

the effective compression to 1.7X as 12 scan chains are now compacted into 7 output bits.  

This is not a problem for higher number of scan chains because, as noted previously, the 

differential-bits stays constant and only depends on fanout and desired compression. For 

example, if 1200 scan chains were compacted with 3X compressions, the number of output 

bits will be 400 bits to generate the fanout=1 matrix plus the 3 differential bits giving an 

effective compression of 2.98. 
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Figure 23. Matrix with Differential-bits 

 

The technique described above generates an X-compact matrix that has the 

properties below and as described in [Mitra 04] is guaranteed to detect any one, two or odd 

number of errors in the same scan cycle in the absence of X’s and will detect an error from 

any scan chain in the presence of one X without the need for any shifting.  

• No row has all 0s 

• Sub-matrix obtained by removing any row and the X-compact matrix columns having 

‘1’s in that row doesn’t contain a row with all 0s 

• Each row is distinct and contains an odd number of ‘1’s 

 

5.6 Experimental Results 

Experiments were performed using a linear combinational compactor design that 

compacts 2420 scan chains into 121 outputs and the fanout of each scan chain is 3. The 

baseline was constructed using the procedure in [Wohl 07a] based on Steiner triple systems 
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where each input to the compactor fans out to three outputs with an input rotator as 

described in Chapter 4.  

The proposed design is constructed with the fan-in limit of each output set to 22. 

Note that for 22X compression the output bits required for 2420 scan-chains is 110. In 

order to differentiate the rows that are the same in the fanout=1 matrix the minimal number 

of differential bits needed is 8 (since 8C2 = 28 which is greater than 22). The total output 

bits would be 118 but in order to keep the scan chains and output bits constant, the initial 

fanout=1 matrix for the proposed approach is created with 113 outputs and with the 8 

differential bits gets the total output bits to 121. Table 6 shows what percentage of D's 

could be observed for different percentages of X's using the conventional approach 

described in Chapter 4 versus the proposed approach.  Results are shown for different 

numbers of control inputs going to the rotator.  The maximum shift distance for the rotator 

is 2c-1 where c is the number of control inputs.   

As can be seen from Table 6 which is plotted in Figure 24, the proposed approach 

gives a higher observability across the board and the proposed approach scaled a lot better 

as the percentage of X’s increases which is clearly see in Figure 24 as the gap between the 

orange lines which is the proposed approach and the purple lines increase as the percentage 

of Xs increase. Also, once the X’s percentage is above 3%, the new approach without 

rotator does better than the baseline with 2 rotator controls bits. Also, there is no overhead 

for the proposed approach when compared to baseline in Chapter 4.  
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Table 6. Percentage of D's Observed for Different Percentage of X's 

2420-to-121 Compactor 

%Xs 
No Rotator 

1 Rotator 

Control Bit 

2 Rotator 

Control Bits 

Baseline Proposed Baseline Proposed Baseline Proposed 

0.50% 86.5% 90.6% 98.9% 99.2% 100% 100% 

1.00% 64.4% 82.0% 88.6% 96.8% 98.8% 99.9% 

1.50% 42.8% 74.5% 68.3% 93.2% 90.3% 99.6% 

2.00% 26.8% 67.5% 46.9% 89.3% 72.1% 98.9% 

3.00% 9.8% 55.7% 18.7% 80.0% 34.0% 96.1% 

4.00% 3.5% 46.1% 6.8% 69.7% 13.2% 90.7% 

5.00% 1.4% 39.0% 2.7% 61.1% 5.4% 84.2% 

6.00% 0.6% 33.8% 1.2% 52.4% 2.4% 76.4% 

7.00% 0.3% 29.1% 0.5% 45.9% 1.1% 68.7% 

8.00% 0.1% 25.2% 0.3% 40.1% 0.5% 60.7% 

 

 

Figure 24. Observability of D's for 2420-to-120 Compactor 

0.00%

10.00%

20.00%

30.00%

40.00%

50.00%

60.00%

70.00%

80.00%

90.00%

100.00%

0 . 5 0 % 1 . 0 0 % 1 . 5 0 % 2 . 0 0 % 3 . 0 0 % 4 . 0 0 % 5 . 0 0 % 6 . 0 0 % 7 . 0 0 % 8 . 0 0 %

O
B

SE
R

V
A

B
IL

IT
Y

PERCENTAGE OF X

No Rotator Baseline No Rotator Proposed

1 Rotator Control Bits Baseline 1 Rotator Control Bits Proposed

2 Rotator Control Bits Baseline 2 Rotator Control Bits Proposed



   60 

 

The experiment was repeated by using a higher compression for the proposed 

approach and the results are shown in Table 7 and plotted in Figure 25. In this case the 

fanout=1 matrix was created with 71 outputs and compression of 35X. This required 9 

differential-bits that were used to differentiate each of the 35 rows that are the same. The 

effective compression for the new approach is 30X which is 50% higher than the baseline 

and as can be seen in Table 7 the proposed approach can easily be used to achieve higher 

compression in designs where the percentage X's are low. For example, if the design has 

2% Xs and an observability of 90%+ is desired the new approach can be used to increase 

the compression instead of higher observability. Figure 25 also shows the same trend 

observed in Figure 24 which is the proposed approach does better with higher percentage 

of Xs which is clearly evident in the widening of the gap of the orange proposed approach 

to the purple baseline to the right of the chart. 

The results shown in Figure 24 and  Figure 25 clearly show that the proposed 

compactor uses the input rotator a lot more efficiently. This can be seen as the gap between 

the different orange lines for different rotator control bits is maintained as Xs increase in 

contrast to the purple lines that converge for X-densities above 4%. 
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Table 7. Percentage of D's Observed for Different Percentage of X's with 

Higher Compression for Proposed Approach 

2420-to-80 Compactor 

 

%Xs 
No Rotator 

1 Rotator 

Control Bit 

2 Rotator 

Control Bits 

Baseline Proposed Baseline Proposed Baseline Proposed 

0.50% 86.5% 86.4% 98.9% 98.0% 100% 100% 

1.00% 64.4% 72.4% 88.6% 92.3% 98.8% 99.5% 

1.50% 42.8% 61.7% 68.3% 85.0% 90.3% 98.0% 

2.00% 26.8% 52.8% 46.9% 77.4% 72.1% 95.0% 

3.00% 9.8% 39.1% 18.7% 62.5% 34.0% 85.3% 

4.00% 3.5% 29.1% 6.8% 47.8% 13.2% 71.7% 

5.00% 1.4% 22.7% 2.7% 37.7% 5.4% 58.5% 

6.00% 0.6% 18.3% 1.2% 29.9% 2.4% 47.1% 

7.00% 0.3% 15.7% 0.5% 23.9% 1.1% 38.2% 

8.00% 0.1% 14.0% 0.3% 20.8% 0.5% 30.5% 

 

 

Figure 25. Observability of D's for 2420-to-80 Compactor 

 

0.00%

10.00%

20.00%

30.00%

40.00%

50.00%

60.00%

70.00%

80.00%

90.00%

100.00%

0 . 5 0 % 1 . 0 0 % 1 . 5 0 % 2 . 0 0 % 3 . 0 0 % 4 . 0 0 % 5 . 0 0 % 6 . 0 0 % 7 . 0 0 % 8 . 0 0 %

O
B

SE
R

V
A

B
IL

IT
Y

PERCENTAGE OF X

No Rotator Baseline No Rotator Proposed

1 Rotator Control Bits Baseline 1 Rotator Control Bits Proposed

2 Rotator Control Bits Baseline 2 Rotator Control Bits Proposed



   62 

5.7 Summary 

Using a combinational rotator is an attractive alternative to adding masking logic 

for handling designs with high X-density. By designing the improved technique described 

in this chapter, the combinational compactor with rotator is improved to scale to higher X 

percentages. Since the proposed technique gives better observability, it can also be used 

for designs with smaller X percentages by using a higher compression and reducing the 

output bits required thus reducing test time.  
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Chapter 6: Conclusion and Future Work 

 

This chapter summarizes the contributions of the dissertation in Techniques to 

Increase Compaction of Output Responses with Unknown (X) values and to enable higher 

observability for higher X-densities.  

In Chapter 2, a technique is presented to combine partial X-masking and X-

canceling to handle high X-densities. Because the proposed method can handle X-leaking, 

it is able to achieve high compression while still providing very precise masking where 

very little observation of non-X values is lost. This results in fewer test vectors and hence 

better test vector compression, output response compression, and test time. This work was 

published in [Bawa 12]. 

Chapter 3 presents the novel idea of using dynamic channel allocation between the 

test cube decompressor and output response decompressor and shows it can be 

implemented with a relatively small amount of logic. It is shown to provide a significant 

boost in test compression.  Moreover, higher observability of non-X values which is 

important for improving coverage of non-modeled faults can be achieved at no additional 

cost in terms of test data and relatively small additional hardware overhead with selective 

ANDing of the mask decompressor outputs. This work was published in [Bawa 13] 

In Chapter 4 a combinational rotator is presented as an attractive alternative to 

adding masking logic for handling designs with high X-density. The control inputs for a 

rotator will have more don't care conditions than masking logic which makes them more 

compressible if a decompressor is used to generate them. This work was published in 

[Bawa 15] 

In Chapter 5 a novel combinational compactor is presented. The key idea is to 

construct an XOR network in a way that maximizes separation of the input dependence in 

adjacent inputs within a particular shift distance of the input rotator. This enables the 

combinational compactor with rotator to achieve higher compression and is improved to 
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scale to higher X-densities. This work was published in [Bawa 17] and won the Oscar W. 

Sepp Best Student Paper Award. 

There are many areas for extending the current research work. X-masking 

techniques can be explored in combination with the combinational compactor with rotator 

described in Chapter 5. This can be investigated to scale to even higher X-densities or can 

be used to reduce test patterns. In addition, use of rotators can be explored in conjunction 

with other techniques such as Response Shaper [Chao 05] and X-align [Sinanoglu 09].  
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